ABSTRACT. Using Carleman's inequality, we prove that if / is entire and of
where A(r) is the area of the region {z: \f(z)\ > 1 and |z| < r}.
1. Introduction. In The method, which is different from that of Edrei and Erdös, is based on Carleman's famous inequality which we are about to introduce.
Let D be a region on the complex plane. The boundary of D consists of a finite or infinite number of analytic curves clustering nowhere in the finite complex plane. For any r, 0 < r < oo, we denote by Dr the part of D lying in |z| < r. Let Ak(r) (k = 1,2,..., n(r)) be the arcs of \z\ = r contained in D and r9k(r) be their arc lengths. Let E = {r: \z\ = r is contained wholly in D} and Ec = [0, oo) -E. If r £ Ec, we define 0(r) = max6k(r). Then 0 < ¿u < 1.
We will prove the following proposition which is slightly more general than Theorem 1. «3 at-\nrJEr t +1T{lnrJEc t ) / \ lnr It follows immediately from (3.5) that
This finishes the proof of Proposition 1.
It is easy to verify that, if p > 1.
""(1 -ß)2 n (3.6) ^ + \r-^2p- We also note that Proposition 1 gives p + (1 -p)2/2p < 1 for 0 < p < 1. This provides the following relation for p and p:
